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Abstract. We explore the consequences of gluonic hot spots inside the proton
for the initial eccentricities in a proton-nucleus collision, and the constraints on
the parameters describing these hot spots from coherent and incoherent exclu-
sive vector meson production cross sections in deep inelastic scattering. We
show that geometric fluctuations of hot spots inside the proton are the dominant
source of eccentricity whereas color charge fluctuations only give a negligible
correction. We find that the coherent cross section is sensitive to both the size of
the target and the structure of the probe. The incoherent cross section is domi-
nated by color fluctuations at small transverse momentum transfer |t|, by proton
and hot spot sizes as well as the structure of the probe at medium |t| and again
by color fluctuations at large |t|.

1 Introduction

The internal geometrical structure of the nucleon plays an important role in both heavy ion
collisions and the initial stages of quark-gluon plasma formation, as well as observables that
can be measured in new deep inelastic scattering experiments. Very commonly this internal
structure is understood in terms of gluonic “hot spots” in the nucleon. Some recent examples
of such models include the energy dependent hot spot model of Ref. [1], the IPglasma model
for the initial stages of heavy ion collisions [2, 3], and the hot spot model of Ref. [4] used
to understand the “hollowness” of the proton as measured in elastic proton-proton scattering.
Often the hot spots are related to a quark model approach [5, 6], but they have also been spec-
ulated to form a self-similar cascade of hot spots within hot spots [7], or simply parametrized
and studied within Bayesian fits of flow observables in heavy ion collisions [8].

Our purpose here is to develop a simple model for gluonic hot spots within a proton.
Rather than putting in all the bells and whistles to fit a maximum amount of data, we want
our model to be analytically tractable in order to develop a better understanding of the phys-
ical mechanisms involved. We have used this model to understand the initial eccentricity in
proton-nucleus collisions [9] (see also [10]), and studied how the hot spot properties can be
constrained by exclusive vector meson production data from deep inelastic scattering [11].

2 Simple model for hot spots

Our model for the nucleon enables us to analytically average (denoted by ⟨⟨·⟩⟩) over two kinds
of degrees of freedom. There is an average over color configurations, denoted ⟨·⟩c in the spirit
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of the McLerran-Venugopalan [12] model, with color charges generating a field around them
regularized by an infrared regulator scale m. Separately, we average over the locations of
Nq color charge hot spots with a Gaussian profile of size rH , themselves distributed with a
Gaussian density inside a proton of radius R. In equations, this averaging procedure can be
expressed as color charges with a two point function given by a hot spot density profile
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and hot spots averaged over the size of the proton
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where B is the center of mass of the proton and bi the coordinates of the hot spots. From the
color charge density we can calculate the color field and the Wilson line in the usual way, and
from these obtain the initial glasma field in a heavy ion collision, or the scattering amplitude
for exclusive vector meson production. In this work we calculate these observables to lowest
order in ρ to enable an analytical averaging over degrees of freedom.

3 Eccentricity

A hydrodynamical calculation of flow observables requires density profiles of the initial stage,
including the effects of the hot spot structure. We thus calculate the eccentricity in our hot
spot model. We use the analytically calculable energy density at τ = 0 (at the expense
of introducing an additional UV regulator [13]). In our theorist’s idealized proton-nucleus
collision the proton has both color charge and hot spot fluctuations, but is treated as linear in
the color charge density. The nucleus, on the other hand, is taken to be infinite in size and
smooth, with only color charge fluctuations, but treated fully to all orders in the CGC field.
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Figure 1. The eccentricities for the second, third and fourth harmonics εn{2}, n = 2, 3, 4 as a function
of the number of hot spots. The different symbols show the contribution of the nucleus-side charge
fluctuations and the proton-side hot spot and charge fluctuations. Also shown is a limiting case of
pointlike hotspots. The plot on the right shows the dependence on the hot spot size for Nq = 3. The
error bars correspond to varying the IR regulator m by ±50%.

The eccentricities

(εn{2})2 =

∫
d2x d2y |x|n |y|n ein(θx−θy) ⟨ε(x)ε(y)⟩∫

d2x d2y |x|n |y|n ⟨ε(x)ε(y)⟩
(3)

are determined by the two-point correlation function of the energy density. Inspecting results
for the eccentricities shown in fig. 1, we can see that the proton hot spots dominate the cor-
relation structure except for very large Nq. Although the energy density correlator is strongly
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Figure 2. Different contributions to the coherent and incoherent spectrum for large quark mass (two
left plots) and charm (two right plots).

dependent on the UV cutoff, this does not affect the eccentricities, which are quite sensitive
to the IR regulator for the Coulomb tail of the color field m, and to the hot spot size rH .

4 Exclusive vector mesons

A natural next question to ask is whether the parameters of such a hot spot model could be
constrained by exclusive vector meson production. Here, a useful framework is provided by
the Good-Walker picture, where different kinds of quantum fluctuations in the target hadron
or nucleus, such as nucleons in a nucleus, hot spots in a nucleon, color charges as in the
MV model, or different size color dipoles, can be related to the elastic and incoherent cross
sections. In an elastic process the outgoing target is in the same state as the incoming one,
in a quasielastic process fluctuations to some limited set of final states are allowed, and the
incoherent cross section is given by the difference of the two:

σel ∼ |⟨Ω| N |Ω⟩|
2 σquasiel ∼

∑
Ω′

∣∣∣〈Ω′∣∣∣N |Ω⟩∣∣∣2 σincoh ∼
∑
Ω′

∣∣∣〈Ω′∣∣∣N |Ω⟩∣∣∣2 − |⟨Ω| N |Ω⟩|2,
(4)

where |Ω⟩ is the incoming state and |Ω′⟩ states to which fluctuations are allowed. The elastic
vector meson production amplitude becomes particularly simple in the nonrelativistic limit
for the meson light cone wavefunction, ΨV (z, |r|) ∝ δ

(
z − 1

2

)
, where in this limit the only

dependence on r, the size of the quark-antiquark dipole, comes in through the virtual photon
wavefunction. In our hot spot model, we can evaluate both the coherent and incoherent cross
sections, in particular the target averages, almost completely analytically, apart from some
of the integrals over the dipole size. In particular, we do not assume a factorizable impact
parameter profile.

With quite natural (compared to what is assumed in other studies) values for the parame-
ters the t-dependence of the cross sections roughly agrees with HERA data [14, 15]. The only
caveat here is that we have to articifially adjust up the normalization of the incoherent cross
section. This indicates that we are missing a source of fluctuations that active up to very high
|t|. In the model of Refs. [2, 3] this is provided by “Qs fluctuations”; in our framework a more
natural assumption would be to have Nq fluctuate. The cross sections, split into contributions
from different sources of fluctuations, are shown in Fig. 2 for a very heavy quark mass and
for charm. One can distinguish some characteristic behaviors in different ranges in t. For
very heavy quarks the coherent cross section dominates the small |t| behavior, where its slope
is not quite R2

c ≡
Nq−1

Nq
R2 + r2

H as one would expect from the color charges, but broader by



∼ 1/m, since the amplitude measures the color field rather than the charge. The incoherent
cross section is sensitive to the hot spot radius at intermediate values |t| ∼ 1/r2

H and to color
charge fluctuations at high |t|. For realistic charm quark masses, however, many of these in-
terpretations break down. The slope of the coherent cross section is far from the target size.
Although the intermediate |t| ∼ 1/r2

H incoherent cross section slope is still related to rH , the
large-|t| tail is far from what one would expect in the ideal (mQ → ∞) limit.

5 Conclusions

In conclusion, there is an emerging consensus that a “gluonic hot spot” structure in the nu-
cleon is important for many high energy processes, for proton-nucleus and even nucleus-
nucleus collisions. This structure can be probed by incoherent exclusive vector mesons in
DIS and in ultraperipheral collisions. We developed a simple hot spot model to average over
fluctuations analytically, and used it to calculate eccentricities in proton-nucleus collisions,
which turn out to be very sensitive to the hot spot structure. The parameters of such models
can be extracted from exclusive vector meson production data, but we showed that for real-
istic quark masses the intepretation of the t-dependence of the vector meson cross section is
far from what one would assume based on the mQ → ∞ limit.
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