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Extra Dimensions

• Kaluza-Klein 1921 attempt to unify Gravity with Electromagnetism

Kaluza Miracle!

For one extra dimension and only one scale (Planck) R∼10^−33 cm,
KK excitations are inaccessible 1/R∼10^19 GeV

M4×S1



Large Extra Dimensions

• Arkani-Hamed, Dimopoulos Dvali 1998: addressing the hierarchy problem

From Gauss law in 3 spatial dimensions surface

in 3+n spatial dimensions, surface ~

gravity appears weaker because 
gravitons propagate in extra dimensions

example: n=2 with M*~10 TeV requires R<2 μm  

for distances above R, ordinary gravity
                      for distances below R,   



Constraints

• Eöt-Wash Torsion Pendulum experiment
R<44 μm
for 2 extra dimensions, M*~2.3 TeV

At the CERN LHC, gravitons can disappear into the bulk.

Typical signatures are

• jet + missing energy,
• photon + missing energy,
• modifications of Drell–Yan scattering,
• virtual KK graviton exchange.

• Collider Constraints

Number of extra 
dimensions

Lower Bound on M*

2 8-10 TeV
3 7-9 TeV

4-6 6-8 TeV

• Supernova SN1987A
Inside a supernova core NN—>NN+KK                                             
KK gravitons are emitted that propagate in the bulk removing 
energy from the 3d brane. The neutrino signal from SN1987A  
lasted long enough that excessive energy loss is escluded.

For n=2,  M*>30-100 TeV

• Stellar cooling red giants, white dwarfs, horizontal branch stars

• Cosmology KK gravitons can overproduce DM, their decays can spoil BBN predictions and cause CMB distortions

• Black Hole production at LHC, microscopic BH should have been produced. Their absence sets M*>5-10 TeV  



Astrophysical Observations of Compact 
Stars

 WIMP annihilation and Cooling of Stars
WIMP annihilation as a heating mechanism for
•neutron stars (CK ’07, CK Tinyakov ’10, Lavallaz Fairbairn ’10, Baryakhtar Bramante Li Linden Raj ‘17)
•white dwarfs (Bertone Fairbairn ’07, McCullough ’10)

 WIMP collapse to a Black Hole
WIMPs can be trapped inside stars and later collapse forming a black hole that destroys the star
(Goldman Nussinov ’89, CK Tinyakov ’10, ‘11,’13 McDermott Yu Zurek ’11, CK’11,’12
Guver Erkoca Reno Sarcevic ’12, Fan Yang Chang ’12, Bell Melatos Petraki ’13, Bramante Fukushima Kumar Stopnitzky ’13, 
Bramante Linden ’14,  Autzen CK ‘14)

Pulsar slowing down
WIMPs can slow down the rotation of a pulsar (Perez-Garcia,CK ’14)

Triggering Supernovae Ia
WIMPs can trigger the collapse in masses lower than the Chandrasekhar limit (Bramante ‘15)

Triggering Neutron Star explosions
WIMPs can trigger the explosion of neutron stars with stranglets (Silk Perez-Garcia ’11,’12)

Affecting the neutrino production in Supernovae explosions
Unparticles can shorten neutrino bursts (Hannestad, Raffelt, Wong ‘07)



Dark Extra Dimensions

Dark Matter propagating in the extra dimensions 

Asymmetric Dark Matter

Dark Matter accretion into a neutron star can destabilize the star 
by softening the EoS

Black Hole formation

Eventual destruction of the star



Converting Neutron Stars to Black 
Holes









































How many particles are needed to 
collapse?

Degenerate Fermions

Nonrelativistic

Relativistic

Bosons



Conditions for Black Hole Formation

Capture

Thermalization

Press Spergel ’85, Gould ’86, 
Nussinov Goldman ’89, 
CK’07, Betancourt Brenner Ibarra CK ‘23

Goldman Nussinov’89,
CK Tinyakov ’10
Bertoni Nelson Reddy ’13

Collapse

Self-Gravitation

Cooling the Dark Matter Sphere

Gravothermal Collapse self-interactions x 290

Dark matter-neutron interactions

2

It is easy to see from eq. (1) that for cross sections
σ ! M4

Pl/m
2 ∼ 10−104 cm2(m/GeV)−2, the second term

dominates, and the minimum required mass scales (at
constant λ) in the same way as for the fermionic parti-
cles with a different (and potentially much smaller) co-
efficient. The best experimental constraints on the self-
interaction cross section come from the Bullet Cluster,
σ/m < 2× 10−24cm2/GeV [32].
Several conditions have to be satisfied for a gravita-

tional collapse of WIMPs inside a neutron star to occur.
Firstly, a sufficient number of dark matter particles must
be accumulated during the lifetime of the neutron star.
The accretion of WIMPs onto a typical 1.4M" neutron
star in a globular cluster, taking into account relativis-
tic effects, has been calculated in [9]. The total mass of
accreted WIMPs is

Macc = 4.3× 1046
(

ρdm
103GeV/cm3

)(

t

109years

)

f GeV,

(2)
where the “efficiency” factor f = 1 if the WIMP-
nucleon cross section satisfies σn > 10−45cm2, and f =
σn/(10−45cm2) if σn < 10−45cm2. The condition

Macc > Mcrit (3)

guarantees that the accumulated dark matter mass is
above the critical value (1).
Secondly, the newly-formed black hole must accrete

matter faster than it evaporates due to Hawking radia-
tion. In the Bondi regime of accretion, the change of the
black hole mass M with time is given by the equation

dM

dt
=

4πρcG2M2

c3s
−

1

15360πG2M2
, (4)

where cs and ρc are the speed of sound and the mass
density of the neutron star core, respectively. The first
term corresponds to the Bondi accretion while the sec-
ond represents the energy loss due to Hawking radiation.
Since the accretion increases while the Hawking radiation
decreases as a function of M , it is the initial mass of the
black hole that determines its fate. Requiring that the
first term dominates when the black hole is formed gives
the condition

M > 5.7× 1036 GeV. (5)

Here we have used ρc = 5×1038 GeV/cm3 and cs = 0.17.
Any black hole with the initial mass satisfying eq. (5) will
eventually destroy the whole star, while the smaller black
holes will evaporate with no detectable effect.
The third condition necessary for the WIMP col-

lapse into a black hole is the onset of the WIMP
self-gravitation. WIMPs captured by the neutron star
quickly thermalize [9] and concentrate in the center
within the radius

rth % 2 m

(

Tc

105K

)1/2
( m

GeV

)−1/2
, (6)

where Tc is the temperature of the star core. When their
total mass M increases beyond the mass of the ordinary
matter within the same radius,

M > Msg =
4

3
πρcr

3
th = 2.2× 1046 GeV

( m

GeV

)−3/2
,

(7)
their own gravitational field starts to dominate over that
of the star and the self-gravitation regime sets in, leading
to the gravitational collapse provided the condition (3) is
satisfied. It can be seen from eq. (2) that (7) is satisified
if the WIMP mass is larger than ∼1 GeV (∼143 GeV)
for ρdm = 103GeV/cm3 (ρdm = 0.3GeV/cm3), but not
for lighter WIMPs.
However, if WIMPs are bosons as we assume in this

letter, they can form a Bose-Einstein condensate (BEC).
Since this state is more compact, the self-gravitation in
this case starts for a smaller number of particles before
the condition (7) is satisfied. The particle density re-
quired to form BEC is

n % 4.7× 1028cm−3
( m

GeV

)3/2
(

Tc

105K

)3/2

.

Assuming an old neutron star with a temperature Tc =
105 K, the number of WIMPs needed in order for BEC
to form is NBEC % 2× 1036. All the WIMPs accreted in
excess of this value will go into the condensed state. For
most of the cases of our interest, the number of accreted
WIMPs will be larger than NBEC, so eq. (7) has to be
reconsidered.
The size of the condensed state is determined by the

radius of the wave function of the ground state in the
gravitational potential of the star,

rc =

(

8π

3
Gρcm

2

)−1/4

% 1.6×10−4

(

GeV

m

)1/2

cm. (8)

Substituting this size in place of rth in eq. (7) we get

M > 8× 1027 GeV
( m

GeV

)−3/2
. (9)

In view of eq. (2), the amount of dark matter sufficient for
WIMP self-gravitation in the condensed state can always
be accumulated provided that the WIMP is heavier than
∼ 0.1 eV, which covers all cases of interest. Thus, due to
the formation of BEC the requirement of self-gravitation
does not provide an extra condition.
Finally, the accumulation of WIMPs may become in-

efficient if they may escape from the neutron star once
captured, which is a danger at small WIMP masses. It
can be seen from eq. (6) that for WIMP masses in the
keV range the radius of the WIMP lump becomes com-
parable to the size of the star, so that WIMPs in the
tail of the Maxwell-Boltzmann distribution of velocities
may escape. The rate F of WIMP evaporation can be
estimated as follows [34],

F = ns

(

T

2πm

)1/2

(1 +GMm/RT ) exp(−GMm/RT ),

(10)

Evolution of the Black Hole



Softening the EoS



Evolution of γ as a function of density



Evolution of γ as a function of density



Evolution of γ as a function of density



Evolution of γ as a function of density



Zero compactified extra-dimension

Evolution of γ as a function of density



One compactified
extra-dimension

Evolution of γ as a function of density



Evolution of γ as a function of density



Evolution of γ as a function of density



Evolution of γ as a function of density



Equilibrium Configurations

EoS

mass continuity 

hydrostatic equilibrium 

Lane-Emden equation



Mass-Radius Relations

case I: condition for self-gravitation is  
fulfilled first and then the condition for 
populating the extra dimension(s).

   case II: first populating extra-dimension(s)



Perturbations about equilibrium

critical value 4/3



Constraining Extra-Dimensions



Conclusions

• Dark Matter and Gravitons can propagate in extra-dimensions

• Fermionic Asymmetric Dark Matter can be accreted into neutron stars

• Populating the extra-dimensions can significantly soften the EoS

• Dark Matter can collapse forming a mini-black hole that can destroy the star

• New constraints can be drawn based on the existence of old neutron stars


