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Charmonium production at hadron machines

• The first measurement of direct J/ψ and ψ’ production at 
CDF in ’97: striking discrepancy from theoretical expectation

• NRQCD: double expansion in terms of αs and v (velocity): an 
addition of  “colour-octet” term was proposed.

• Tremendous efforts have been made to obtain more precise 
theoretical prediction for the charmonium production at 
hadron machines (computation of the higher order corrections, 
extracting the matrix element of NRQCD, Color-singlet 
approach etc). ➡ after many debates, still the situation is 
unclear!

Bodwin, Braaten, 
Lepage, PRD51 (‘95)

CDF, PRL79 (‘97)

More investigation is needed! 



New observables to help the situation ???

• LHCb succeeded ηc prompt/secondary production using pp final 
state! ---> very important information to determine matrix 
element. Now, new result of χJc available (see talk Usachov)

Hadronic final state (pp, ΦΦ) to study, ηc, χJc... 

• Secondary charmonium production is experimentally cleaner 
than the prompt production. Theoretically, it is less clean 
(e.g. issues in the NLO estimate of the singlet contribution) 
but can’t we still learn something?   

Charmonium from B decays to extract the matrix elements?

<--- Universality of matrix elements!



Revisiting the NRQCD computation of 
inclusive B decaying into charmonium
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a study of J/ψ polarization effects. The only NLO calculation of charmonium production
in B decay is due to Bergström and Ernström [9], who computed the contribution of the
colour singlet 3S1 intermediate cc̄ state to J/ψ production. We repeated their calculation
and comment on it later on.

The paper is organized as follows: In Section II we introduce notation and discuss
the structure of important contributions to a given charmonium state. Section III pro-
vides some details on the calculation related to the handling of ultraviolet and infrared
divergences at intermediate stages. Section IV contains our main results. We present
expressions for the decay rates in numerical form and a comparison with existing exper-
imental data. Analytic results for the decay rates and energy distributions are collected
in two appendices for reference. Section V contains our conclusions.

II. PRELIMINARIES

The terms of interest in the ∆B = 1 effective weak Hamiltonian

Heff =
GF√

2

∑

q=s,d

{

V ∗
cbVcq

[

1

3
C[1](µ)O1(µ) + C[8](µ)O8(µ)

]

− V ∗
tbVtq

6
∑

i=3

Ci(µ)Oi(µ)

}

(2.1)

contain the ‘current-current’ operators

O1 = [c̄γµ(1 − γ5)c] [̄bγ
µ(1 − γ5)q] (2.2)

O8 = [c̄ T Aγµ(1 − γ5)c] [̄b T Aγµ(1 − γ5)q] (2.3)

and the QCD penguin operators O3−6. (See the review Ref. [10] for their precise defini-
tion.) For the decays B → charmonium + X it is convenient to choose a Fierz version
of the current-current operators such that the cc̄ pair at the weak decay vertex is either
in a colour singlet or a colour octet state. The coefficient functions are related to the
usual C± by

C[1](µ) = 2C+(µ) − C−(µ), (2.4)

C[8](µ) = C+(µ) + C−(µ). (2.5)

The NLO Wilson coefficients C±(µ) have been computed in Refs. [11,12]. With the
conventions of Ref. [12]

C±(µ) =

[

αs(MW )

αs(µ)

]γ(0)
±

/(2β0) (

1 +
αs(µ)

4π
B±

) (

1 +
αs(MW ) − αs(µ)

4π
(B± − J±)

)

(2.6)

with
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Beneke, Maltoni, 
Rothstein 

PRD59 (‘99)

It has been pointed out by several authors that the 
singlet term is too small to explain the experimental data. 



Revisiting the NRQCD computation of 
inclusive B decaying into charmonium

Beneke, Maltoni, 
Rothstein 

PRD59 (‘99)

The singlet term has a large renormalization running effect 
which makes it large negative (unphysical) at mb scale. 

NLO computation

J± =
γ(0)
± β1

2β2
0

− γ(1)
±

2β0
(2.7)

B± =
3 ∓ 1

6
(±11 + κ±) (2.8)

and the one-loop and two-loop anomalous dimensions

γ(0)
± = ± 2 (3 ∓ 1), (2.9)

γ(1)
± =

3 ∓ 1

6

(

−21 ± 4

3
nf − 2β0κ±

)

. (2.10)

The quantity κ± is scheme-dependent and depends in particular on the treatment of γ5.
In the ‘naive dimensional regularization’ (NDR) scheme, κ± = 0; in the ’t Hooft-Veltman
(HV) scheme, κ± = ∓4. In the HV scheme the current-current operators, implied by the
convention used in Refs. [10,12], are not minimally subtracted. If one computes the low
energy matrix elements of the weak Hamiltonian in the modified minimal subtraction
(MS) scheme, as we will do below, one has to apply an additional finite renormalization.
This amounts to multiplying the coefficients C±(µ) by a factor of 1 − 4αs(µ)/(3π), or,
equivalently, to an additional contribution to κ± in the HV scheme. No additional
renormalization is required in the NDR scheme. At NLO the strong coupling is given by

αs(µ) =
4π

β0 ln(µ2/Λ2
QCD)

[

1 −
β1 ln[ln(µ2/Λ2

QCD)]

β2
0 ln(µ2/Λ2

QCD)

]

(2.11)

with

β0 = 11 − 2

3
nf , β1 = 102 − 38

3
nf . (2.12)

The NLO QCD corrections involve the one-loop virtual gluon correction to b →
cc̄[n] + q and the real gluon correction b → cc̄[n] + q + g, where the cc̄ pair is projected
on one of the states in (1.2). The corresponding diagrams are shown in Figs. 1 and 2
respectively. The decay rate into a quarkonium can be written as the sum of partial
decay rates through one of the intermediate cc̄ states n. At next-to-leading order the
partial decay rates take the form

Γ[n] = Γ0

[

C2
[1,8]f [n](η) (1 + δP [n])

+
αs(µ)

4π

(

C2
[1]g1[n](η) + 2C[1]C[8]g2[n](η) + C2

[8]g3[n](η)
) ]

〈OH [n]〉, (2.13)

where

Γ0 =
G2

F |Vbc|2m3
b

216π(2mc)
, (2.14)

4

FIG. 1. One-loop virtual corrections to b → cc̄q. Wave function renormalizations are not

shown.

FIG. 2. Real gluon corrections to b → cc̄q.

and η = 4m2
c/m

2
b . The operators OH [n] are defined as in Ref. [1]. The LO term is

multiplied by C2
[1] if n is a colour singlet state and by C2

[8] if n is a colour octet state. We
also used the fact that |Vcs|2 + |Vcd|2 ≈ 1 to high accuracy. The functions f [n] and gi[n]
will be given later. The LO contribution is multiplied by a correction term δP [n] due to
the penguin operators in (2.1). Likewise, we write the quarkonium energy distribution
as

dΓ[n]

dx
= Γ0

[

C2
[1,8]f [n](η) (1 + δP [n]) δ(1 + η − x)

+
αs(µ)

4π

(

C2
[1]g1[n](η, x) + 2C[1]C[8]g2[n](η, x) + C2

[8]g3[n](η, x)
) ]

〈OH [n]〉 (2.15)

where x = 2P ·pb/m2
b . Note that to leading order in ΛQCD/mb we do not distinguish the b

quark mass from the B meson mass. To the order in the velocity expansion considered in
this paper, we can also identify the momentum of the quarkonium with the momentum
P of the cc̄ pair. (The kinematic effect of distinguishing the two is discussed in Ref. [13].)
Hence x can also be identified with 2EH/MB, where EH is the quarkonium energy in the
B meson rest frame and MB the B meson mass.
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Beneke, Maltoni, 
Rothstein 

PRD59 (‘99)Improved NLO result

Br(B → J/ψX) =

Br(B → ηcX) =

0.250× 10−2
�O

ηc
1 (1S0)�+ 0.342�Oηc

8 (1S0)�+ 0.195
�
�O

ηc
8 (3S1)� − 0.24/m2

c�O
ηc
8 (1P1)�

�
� �� �

Mηc
1,0.24(

3S(8)
1 ,1P (8)

1 )

0.0754 × 10−2
�O

ψ
1 (3S1)� + 0.195�Oψ

8 (3S1)� + 0.342
�
�O

ψ
8 (1S0)� + 3.1/m2

c�O
ψ
8 (3P0)�

�

� �� �
Mψ

1,k(1S(8)
0 ,3P (8)

0 )

Caveat: 
A large uncertainty 

(factor two?)

collisions probes Mψ
7 (1S(8)

1 , 3P (8)
J ) (assuming the validity of NRQCD factorization, which

may be controversial). Given that a different combination of matrix elements enters,
the values obtained in Ref. [25] are certainly consistent with the above central value.
In view of the uncertainties involved in charmonium production in hadron collisions, we
believe that the above upper limit on Mψ

3.1(
1S(8)

1 , 3P (8)
J ) is the most stringent one existing

at present. We note that small values of 〈Oψ
8 (1S0)〉 and 〈Oψ

8 (3P0)〉 seem to be preferred
by the non-observation of a significant colour octet contribution in the energy spectrum
of inelastic J/ψ photoproduction [26,7,27] (see, however, the discussion in Ref. [13]).
We conclude that the measured J/ψ and ψ′ branching fractions can be accounted for
with values of the NRQCD long-distance parameters consistent with previously available
values.

3. B → ηc + X

Presently, only an experimental upper bound Br (B → ηc + X) < 0.9% [2] exists on ηc

production. For the same choice of input parameters as above, we have

Br (B → ηc + X) =











−1.19
0.250
−0.210











10−2 〈Oηc

1 (1S0)〉 + 0.342〈Oηc

8 (1S0)〉 (4.13)

+ 0.195

[

〈Oηc

8 (3S1)〉 −
0.240

m2
c

〈Oηc

8 (1P1)〉
]

.

The LO term is enhanced by about 10% because of the penguin correction.
There is at present no information on the ηc colour octet matrix elements from other

ηc production processes. The colour octet matrix elements are non-zero because soft
gluon emission connects the colour octet cc̄ state to the physical charmonium state. The
soft gluon emission amplitude can be multipole expanded, supposing that the character-
istic momentum of the emitted gluons is of order mcv2, smaller than the characteristic
momentum mcv of the charm quarks in the charmonium rest frame. Up to corrections of
order v2, spin symmetry imposes relations between the ηc and J/ψ matrix elements. In
addition to the familiar spin symmetry relation 〈OJ/ψ

1 (3S1)〉 = 3 〈Oηc

1 (1S0)〉 for the colour
singlet wave function, we find

〈Oηc

8 (1S0)〉 =
1

3
〈OJ/ψ

8 (3S1)〉,

〈Oηc

8 (3S1)〉 = 〈OJ/ψ
8 (1S0)〉, (4.14)

〈Oηc

8 (1P1)〉 = 3 〈OJ/ψ
8 (3P0)〉.

Note that these relations are consistent with the renormalization group equations for
the matrix elements that follow from (3.8). Since we do not know 〈OJ/ψ

8 (1S0)〉 and

20

Spin symmetry

The secondary J/ψ, ηc production from B decays



Beneke, Scgykerm Wolf, PRD62 (‘00)

The momentum dependence 
measurement by Babar 

shows clear octet 
contributions. 

Momentum dependence of B-> J/psi X 14
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FIG. 10: p∗ of J/ψ mesons produced directly in B decays
(points). The histogram is the sum of the color-octet compo-
nent from a recent NRQCD calculation [20] (dashed line) and
the color-singlet J/ψK(∗) component from simulation (dotted
line).
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FIG. 11: Helicity of J/ψ mesons produced in B decay with
p∗ > 1.1 GeV/c (dots) and p∗ < 1.1 GeV/c (open squares).

ψ(2S) decay is calculated by simulation and is shown in
Fig. 7.

X. J/ψ HELICITY

The helicity θH of a J/ψ → #+#− candidate is the
angle, measured in the J/ψ rest frame, between the pos-
itively charged lepton and the flight direction of the J/ψ
in the Υ (4S) center-of-mass frame. A more natural def-
inition would use the B rest frame, but it cannot be de-
termined in this analysis. Simulation indicates that the
rms spread of the difference between the two definitions
is 0.085 in cos θH .
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FIG. 12: Helicity distribution of J/ψ mesons produced in the
decay of (a) χc1, (b) χc2, and (c) ψ(2S) mesons.

A. Inclusive Helicity Distribution

We proceed as for the J/ψ p∗ distribution, with data
categorized into ranges of width 0.1 in cos θH for two
different momentum ranges, which we choose as p∗ <
1.1 GeV/c and 1.1 < p∗ < 2.0 GeV/c. We fit the on- and
off-resonance mass distributions to obtain yields in each
bin and perform a continuum subtraction. We correct
using the reconstruction efficiency obtained from simula-
tion for that range, although we observe little dependence
of efficiency on helicity. We then apply separate normal-
ization factors to the e+e− and µ+µ− data such that the
total branching fraction (summed over the two p∗ ranges)
agrees with the value obtained earlier for that mode. The
distributions from e+e− and µ+µ− are consistent and are
averaged to obtain the helicity distributions for each of
the two p∗ ranges (Fig. 11).

We fit each distribution with a function 1 +α · cos2 θH

to obtain the polarization α, where α = 0 indicates the
sample is unpolarized, α = 1 transversely polarized, and
α = −1 longitudinally polarized. The high p∗ region,
which includes the two-body B decays, is more highly
polarized, α = −0.592± 0.032, than the lower p∗ region,
α = −0.196± 0.044.

We assign a systematic error of 0.008 to these polariza-
tions by instead considering the reconstruction efficiency
to be independent of helicity.

B. Direct J/ψ Helicity

We determine the helicity distributions of J/ψ mesons
produced in the decay of χc1, χc2, and ψ(2S) in the same
way we calculate the p∗ feeddown. Because of the limited
statistics of these samples, we combine the two momen-
tum regions used in the inclusive analysis. The resulting
feeddown helicity distributions are shown together with
the polarization fits in Fig. 12. We subtract these from
the sum of the two distributions in Fig. 11 to obtain the

Babar Coll.
PRD67 (‘03)

Octet contribution

Singlet contribution

excess!

The secondary J/ψ, ηc production from B decays
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Red points represents values from Ref. [18]
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Figure 1: The �χ2� distribution for the (a) �OJ/ψ
8 (3S1)� and �OJ/ψ

8 (3P0)�/m2
c matrix elements,

where �OJ/ψ
8 (1S0)� = 0.089GeV

3
, (b) �OJ/ψ

8 (3S1)� and �OJ/ψ
8 (1S0)�/m2

c matrix elements, where

�OJ/ψ
8 (3P0)�/m2

c = 0.0056GeV
3
, (c) �OJ/ψ
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c matrix elements. where

�OJ/ψ
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3
, from the measurement of
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B(b→J/ψ directX)
. For all listed plots

�OJ/ψ
8 (3S1) = 1.16�GeV

3
was used. Only area with �χ2� < 25 are shown with colour code.

Red points represents values from Ref. [18]
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a study of J/ψ polarization effects. The only NLO calculation of charmonium production
in B decay is due to Bergström and Ernström [9], who computed the contribution of the
colour singlet 3S1 intermediate cc̄ state to J/ψ production. We repeated their calculation
and comment on it later on.

The paper is organized as follows: In Section II we introduce notation and discuss
the structure of important contributions to a given charmonium state. Section III pro-
vides some details on the calculation related to the handling of ultraviolet and infrared
divergences at intermediate stages. Section IV contains our main results. We present
expressions for the decay rates in numerical form and a comparison with existing exper-
imental data. Analytic results for the decay rates and energy distributions are collected
in two appendices for reference. Section V contains our conclusions.

II. PRELIMINARIES

The terms of interest in the ∆B = 1 effective weak Hamiltonian

Heff =
GF√

2

∑

q=s,d

{

V ∗
cbVcq

[

1

3
C[1](µ)O1(µ) + C[8](µ)O8(µ)

]

− V ∗
tbVtq

6
∑

i=3

Ci(µ)Oi(µ)

}

(2.1)

contain the ‘current-current’ operators

O1 = [c̄γµ(1 − γ5)c] [̄bγ
µ(1 − γ5)q] (2.2)

O8 = [c̄ T Aγµ(1 − γ5)c] [̄b T Aγµ(1 − γ5)q] (2.3)

and the QCD penguin operators O3−6. (See the review Ref. [10] for their precise defini-
tion.) For the decays B → charmonium + X it is convenient to choose a Fierz version
of the current-current operators such that the cc̄ pair at the weak decay vertex is either
in a colour singlet or a colour octet state. The coefficient functions are related to the
usual C± by

C[1](µ) = 2C+(µ) − C−(µ), (2.4)

C[8](µ) = C+(µ) + C−(µ). (2.5)

The NLO Wilson coefficients C±(µ) have been computed in Refs. [11,12]. With the
conventions of Ref. [12]

C±(µ) =

[

αs(MW )

αs(µ)

]γ(0)
±

/(2β0) (

1 +
αs(µ)

4π
B±

) (

1 +
αs(MW ) − αs(µ)

4π
(B± − J±)

)

(2.6)

with

3

Beneke, Maltoni, 
Rothstein 

PRD59 (‘99)

The V-A interaction does not allow Χc0 and Χc2 production 
at singlet model @ LO. Only Χc1 is allowed there. 

The secondary χJc production from B decays



No strong suppression of Χc0 and Χc2 production w.r.t. Χc1 
observed. Χc2 is suppressed w.r.t. Χc0. 

The secondary χJc production from B decays

where the third uncertainty is due to those on the branching fractions B(ηc(1S) → pp)38

and B(J/ψ → pp) [10]. The ηc(1S) production in b-hadron inclusive decays was measured39

for the first time.40

The measured exclusive branching fractions of b-hadrons to χc from [10] is listed in41

the Table 1.

Table 1: Measured of exclusive B(B → χc)

χc0 χc1 χc2

B(B+ → χcK+
) (1.50± 0.15)× 10

−4
(4.79± 0.23)× 10

−4
(1.1± 0.4)× 10

−5

B(B0 → χcK0
) (1.47± 0.27)× 10

−4
(3.93± 0.27)× 10

−4 < 1.5× 10
−5

B(B+ → χcK∗+
) < 2.1× 10

−4
(3.0± 0.6)× 10

−4 < 1.52× 10
−4

B(B0 → χcK∗0
) (1.7± 0.4)× 10

−4
(2.39± 0.19)× 10

−4
(4.9± 1.2)× 10

−5

B(B+ → χcπ+
) < 1× 10

−7
(2.2± 0.5)× 10

−5 < 1× 10
−7

B(B0 → χcπ0
) − (1.12± 0.28)× 10

−5 −
B(B0 → χcK−π+

) − (3.8± 0.4)× 10
−4 −

B(B0
s → χcφ) − (2.03± 0.29)× 10

−4 −

42

Recently LHCb measured the branching fractions of b-hadron inclusive decays into χc43

states to be44

B(b → χc0X) = (3.02± 0.47± 0.23± 0.94B)× 10
−3, (2)

B(b → χc1X) = (2.76± 0.59± 0.23± 0.89B)× 10
−3, (3)

B(b → χc2X) = (1.15± 0.20± 0.07± 0.36B)× 10
−3, (4)

where the third uncertainty is due to the uncertainties on the branching fractions of the45

b-hadron decays to the ηc(1S) meson, B(b → ηc(1S)X) [2], and ηc(1S) and χc decays to46

φφ [10]. The relative branching fractions are determined to be47

B(b → χc1X)

B(b → χc0X)
= 0.92± 0.20± 0.02± 0.14B, (5)

B(b → χc2X)

B(b → χc0X)
= 0.38± 0.07± 0.01± 0.05B, (6)

where the third uncertainty is due to those on the branching fractions B(χc → φφ) [10].48

The χc0 and χc2 productions in b-hadron inclusive decays were measured for the first time.49

Results for χc1 and χc2 production in b-hadron inclusive decays are close to those in B0
50

and B+
inclusive decays [10].51

The admixture of b-hadrons in this measurements consist of 76% of light B-mesons,52

10% of B0
s and 14% of Λ0

b . The B(B0
s → (cc)X) and B(Λ0

b → (cc)X) assumed to be small53

compare to B(B → (cc)X). Hence, no significant difference in the relative χc production54

expected.55

The dominant feed-down contributions to J/ψ production are originated from ψ(2S) →56

J/ψX, χc1 → J/ψγ and χc2 → J/ψγ transitions. The feed-down contributions to ηc(1S)57

production is originated from hc and χc and expected to be small and not taken into58
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B(b → χc1
directX)

B(b → χc0
directX)

= 0.91± 0.20± 0.02± 0.15, (12)

B(b → χc2
directX)

B(b → χc0
directX)

= 0.34± 0.06± 0.01± 0.05, (13)

where the third uncertainty is due to those on the branching fractions B(χc → φφ) [10]75

and due to feed-down contribution uncertainty on the B(b → χcX), B(b → ψ(2S)X) and76

B(ψ(2S) → χcγ). Correlations between B(b → χc0X), B(b → χc1X) and B(b → χc2X)77

are not taken into account in the feed-down contribution uncertainty estimation, the78

correlated effect is small in comparison to other uncertainties.79

3 Prediction for the charmonium yields in B-decays80

Authors of Ref. [1] consider two mechanisms of charmonia production: colour singlet (CS)81

when cc pairs is created in the same Fock state as that of the final charmonium and colour82

octet (CO) when cc pair evolves into a physical charmonium and adjusts its quantum83

numbers by emitting the soft gluon at a late stage of hadronization.84

For S-wave charmonium the four Fock states are expected to be dominating, namely85

O
J/ψ
1 (3S1), O

J/ψ
8 (3S1), O

J/ψ
8 (1S0) and O

J/ψ
8 (3P0) for J/ψ and O

ηc
1 (1S0), O

ηc
8 (1S0), O

ηc
8 (3S1)86

and O
ηc
8 (1P1) for ηc(1S). According to the proposed formalism the J/ψ and the ηc(1S)87

production in inclusive b-decays are expressed as:88

B(B → J/ψX) = 0.754 · 10−3�OJ/ψ
1 (

3
S1)�+ 0.195�OJ/ψ

8 (
3
S1)�+ (14)

0.342

�
�OJ/ψ

8 (
1
S0)�+

3.10

m2
c

�OJ/ψ
8 (

3
P0)�

�
,

B(B → ηc(1S)X) = 2.500 · 10−3�Oηc
1 (

1
S0)�+ 0.342�Oηc

8 (
1
S0)�+ (15)

0.195

�
�Oηc

8 (
3
S1)� −

0.240

m2
c

�Oηc
8 (

1
P1)�

�
.

Within this formalism the two Fock states, O
χcJ
1 (3PJ) and O

χcJ
8 (3S1), are expected to89

be dominating for B → χcJX. According to the proposed formalism the χc production in90

inclusive b-decays are expressed as:91

B(B → χc0X) =
−0.0148

m2
c

�Oχc0
1 (

3
P0)�+ 0.195�Oχc0

8 (
3
S1)�, (16)

B(B → χc1X) =
−0.00783

m2
c

�Oχc1
1 (

3
P1)�+ 0.195�Oχc1

8 (
3
S1)�, (17)

B(B → χc2X) =
−0.0120

m2
c

�Oχc2
1 (

3
P2)�+ 0.195�Oχc2

8 (
3
S1)�, (18)

where mc is the mass of the c-quark.92

Moreover, the authors use spin symmetry to link LDMEs of J/ψ and ηc(1S):93

�Oηc
1 (

1
S0)� =

1

3
�OJ/ψ

1 (
3
S1)�,

4

〈OJ/ψ
8 (3P0)〉 separately, we assume that between one half and all of Mψ

3.1(
1S(8)

1 , 3P (8)
J ) is

due to 〈OJ/ψ
8 (1S0)〉. With the central value from (4.11) this leads to the estimate

Br (B → ηc + X) ≈ (0.3 − 0.5)%. (4.15)

We emphasize that this estimate is crude and depends sensitively on the validity of the
relations (4.14). This estimate is below the J/ψ branching fraction, but with the increase
in statistics since the previous analysis [2], a branching fraction in the above range may
perhaps be reached with the CLEO detector.

4. B → χcJ + X

Colour octet effects in charmonium production were in fact considered for the first time
for χc production in B decay [6]. The authors showed that the observed χc2 signal can
be explained by the production of a cc̄[3S(8)

1 ] state followed by a soft dipole transition.
(Recall that at LO in the colour singlet model, χc0 and χc2 are not produced.) The
LO production through a cc̄[3S(8)

1 ] pair corresponds to the IR sensitive contribution at
order αs in the ordinary colour singlet channel. Our NLO calculation adds to those the
‘hard’ contributions at order αs in the colour singlet and the colour octet channels. With
mb = 4.8 GeV, mc = 1.5 GeV and µ = mb as usual we obtain

Br (B → χc0 + X) =
−0.0148

m2
c

〈Oχc0
1 (3P0)〉 + 0.195 〈Oχc0

8 (3S1)〉, (4.16)

Br (B → χc1 + X) =











−2.14
−0.783
−1.21











10−2

m2
c

〈Oχc1
1 (3P1)〉 + 0.195 〈Oχc1

8 (3S1)〉, (4.17)

Br (B → χc2 + X) =
−0.0120

m2
c

〈Oχc2
1 (3P2)〉 + 0.195 〈Oχc2

8 (3S1)〉 (4.18)

to be compared with the measurements [2]

Br (B → χc1 + X) = (0.37 ± 0.07)%, (4.19)

Br (B → χc2 + X) = (0.25 ± 0.10)%. (4.20)

Owing to the spin symmetry relations, valid up to higher order corrections in v2,

〈OχcJ

1 (3PJ)〉 = (2J + 1) 〈Oχc0
1 (3P0)〉, (4.21)

〈OχcJ

8 (3S1)〉 = (2J + 1) 〈Oχc0
8 (3S1)〉, (4.22)

only two of the six above parameters are independent. The colour singlet contribution is
always negative. However, since the two matrix elements involved mix under renormal-
ization each short-distance coefficient depends on an arbitrary convention to separate

21

Implication of the LHCb data:  
• octet term is important
• spin relation Χc0: Χc1: Χc2 = 
1:3:5 is not visible
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8 (1S0)�,
�Oηc

8 (1P1)� = 3�OJ/ψ
8 (3P0)�

and LDMEs of different χc states:94

O1 ≡ �Oχc0
1 (3P0)�/m2

c ,

O8 ≡ �Oχc0
8 (3S1)�,

�OχcJ
1 (3PJ)�/m2

c = (2J + 1)O1,

�OχcJ
8 (3S1)� = (2J + 1)O8.

Hence, B(B → ηc(1S)X) and B(B → J/ψX) are expressed as a function of four LDMEs:95

B(B → J/ψX) = 7.54 · 10−4�OJ/ψ
1 (3S1)�+ 0.195�OJ/ψ

8 (3S1)�+

0.342
�
�OJ/ψ

8 (1S0)�+
3.10

m2
c

�OJ/ψ
8 (3P0)�

�
, (19)

B(B → ηc(1S)X) = 8.33 · 10−4�OJ/ψ
1 (3S1)�+ 0.114�OJ/ψ

8 (3S1)�+

0.195
�
�OJ/ψ

8 (1S0)� −
0.720

m2
c

�OJ/ψ
8 (3P0)�

�
. (20)

Also B(B → χc0X),B(B → χc1X) and B(B → χc2X) are expressed as a function of two96

LDMEs:97

B(B → χc0X) = −0.0148 O1 + 0.195 O8, (21)

B(B → χc1X) = −0.0234 O1 + 0.585 O8, (22)

B(B → χc2X) = −0.0600 O1 + 0.975 O8. (23)

Authors of Ref. [1] used a O1 value computed using the potential model [11]98

O1 = 4.8× 10−2 GeV3
,

and adjusted O8 to reproduce χc2 production measured at the CLEO [5]99

O8 = 4.5− 6.5× 10−3 GeV3
.

Thus, the χc1 production was predicted to be100

B(b → χc1X) = (0.15− 0.27)%,

which is below the measured value but has large uncertainty. In addition, authors of [12]101

[ARXIV ONLY] extracted O8 from the simultaneous fit of χc production measurements102

at CMS [13], LHCb [14], ATLAS [15], CDF [16] to be103

O8 = (11.12± 0.68)× 10−3 GeV3
.
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at CMS [13], LHCb [14], ATLAS [15], CDF [16] to be103

O8 = (11.12± 0.68)× 10−3 GeV3
.
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Figure 4: The �χ2� distribution for the O1 and O8 matrix elements from the measurement of

the (a) B(b → χc0X), (b) B(b → χc1X), (c) B(b → χc2X) and (d) using simultaneously all

branching fractions B(b → χcX). Black lines indicate boundaries, where branching fractions

become negative. Only area with �χ2� < 25 are shown with colour code
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But suppression of Χc2 is observed also in the exclusive 
channels: the naive spin relation is not applicable! 

The secondary χJc production from B decays
where the third uncertainty is due to those on the branching fractions B(ηc(1S) → pp)38

and B(J/ψ → pp) [10]. The ηc(1S) production in b-hadron inclusive decays was measured39

for the first time.40

The measured exclusive branching fractions of b-hadrons to χc from [10] is listed in41

the Table 1.

Table 1: Measured of exclusive B(B → χc)

χc0 χc1 χc2

B(B+ → χcK+
) (1.50± 0.15)× 10

−4
(4.79± 0.23)× 10

−4
(1.1± 0.4)× 10

−5

B(B0 → χcK0
) (1.47± 0.27)× 10

−4
(3.93± 0.27)× 10

−4 < 1.5× 10
−5

B(B+ → χcK∗+
) < 2.1× 10

−4
(3.0± 0.6)× 10

−4 < 1.52× 10
−4

B(B0 → χcK∗0
) (1.7± 0.4)× 10

−4
(2.39± 0.19)× 10

−4
(4.9± 1.2)× 10

−5

B(B+ → χcπ+
) < 1× 10

−7
(2.2± 0.5)× 10

−5 < 1× 10
−7

B(B0 → χcπ0
) − (1.12± 0.28)× 10

−5 −
B(B0 → χcK−π+

) − (3.8± 0.4)× 10
−4 −

B(B0
s → χcφ) − (2.03± 0.29)× 10

−4 −

42

Recently LHCb measured the branching fractions of b-hadron inclusive decays into χc43

states to be44

B(b → χc0X) = (3.02± 0.47± 0.23± 0.94B)× 10
−3, (2)

B(b → χc1X) = (2.76± 0.59± 0.23± 0.89B)× 10
−3, (3)

B(b → χc2X) = (1.15± 0.20± 0.07± 0.36B)× 10
−3, (4)

where the third uncertainty is due to the uncertainties on the branching fractions of the45

b-hadron decays to the ηc(1S) meson, B(b → ηc(1S)X) [2], and ηc(1S) and χc decays to46

φφ [10]. The relative branching fractions are determined to be47

B(b → χc1X)

B(b → χc0X)
= 0.92± 0.20± 0.02± 0.14B, (5)

B(b → χc2X)

B(b → χc0X)
= 0.38± 0.07± 0.01± 0.05B, (6)

where the third uncertainty is due to those on the branching fractions B(χc → φφ) [10].48

The χc0 and χc2 productions in b-hadron inclusive decays were measured for the first time.49

Results for χc1 and χc2 production in b-hadron inclusive decays are close to those in B0
50

and B+
inclusive decays [10].51

The admixture of b-hadrons in this measurements consist of 76% of light B-mesons,52

10% of B0
s and 14% of Λ0

b . The B(B0
s → (cc)X) and B(Λ0

b → (cc)X) assumed to be small53

compare to B(B → (cc)X). Hence, no significant difference in the relative χc production54

expected.55

The dominant feed-down contributions to J/ψ production are originated from ψ(2S) →56

J/ψX, χc1 → J/ψγ and χc2 → J/ψγ transitions. The feed-down contributions to ηc(1S)57

production is originated from hc and χc and expected to be small and not taken into58
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Conclusions...

• The new LHCb result on the χJc production from B decay is 
very interesting.  

• The naive spin counting relation Χc0: Χc1: Χc2 = 1:3:5 is 
strongly violated. 

• The branching fraction to the factorization forbidden channel 
χ0c, χ2c are not negligible.  

• The NLO NRQCD computation leads to the naive spin counting 
relation e.g. to the color-octet contribution while the LHCb 
result implies such a simple relation is not visible. 

• It seems that there are several missing pieces (c.f. exclusive 
NLO computation) and we need more theoretical investigations. 


