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Introduction to the X(3872) state [X for later use]

Universal properties of near-threshold S-wave resonance 

Production of X accompanied by a photon (γ) in e+e- annihilation
    [arXiv: 1904.12915]
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Introduction to the X(3872)
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Observed decay modes: 
    J/ψ π+π-,  J/ψπ+π- π0,  J/ψ γ,  ψ(2S)γ,  DDπ0,  DDγ,  𝛘c1π0 

Mass: very close to D*0D0 threshold
    EX = MX - (M*0 + M0) = (0.01 ± 0.18) MeV [PDG 2018]

JPC Quantum numbers:  
    JPC=1++  [LHCb, PRL, 110, 222001(2013)]

Width: very narrow
     < 1.2 MeV at 90% C.L. 
    [Belle, PRD 84, 052004 (2011)]

Introduction to the X(3872)

What is the X(3872)?
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Charmonium?    × 

isospin violation



Introduction to the X(3872)

What is the X(3872)?Observed decay modes: 
    J/ψ π+π-,  J/ψπ+π- π0,  J/ψ γ,  ψ(2S)γ,  DDπ0,  DDγ,  𝛘c1π0 

Mass: very close to D*0D0 threshold
    EX = MX - (M*0 + M0) = (0.01 ± 0.18) MeV [PDG 2018]

JPC Quantum numbers:  
    JPC=1++  [LHCb, PRL, 110, 222001(2013)]

Width: very narrow
     < 1.2 MeV at 90% C.L. 
    [Belle, PRD 84, 052004 (2011)]
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S-wave coupling to D*0D0/ D*0D0  

resonant coupling   

X(3872): charm meson molecule: 

[short-distance wave function may have 
𝛘c1(2P) component]

|X(3872)i = 1p
2

���D⇤0D̄0
↵
+

��D0D̄⇤0↵�
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Universal properties near threshold

 Short-range interactions
 S-wave resonance close enough to threshold

large scattering length |a| >> range

universal features depend only on a (or γ = 1/a)

X(3872) close to D*0D0 threshold:
universal features depend only on inverse 
scattering  length γX for D*0D0/D*0D0
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 nonrelativistic Quantum Mechanics:

 universal wave function at r >> range:

 scattering amplitude at k << 1/range:

 (r) =
e��r

r
<latexit sha1_base64="Fwr2f2nu152oLmt4SIUM/32RG3s=">AAACCnicbVDLSsNAFJ3UV62vqEs3o0WoC0sigm6EohuXFewDmlhuppN26EwSZiZCCVm78VfcuFDErV/gzr9x+lho9cCFwzn3cu89QcKZ0o7zZRUWFpeWV4qrpbX1jc0te3unqeJUEtogMY9lOwBFOYtoQzPNaTuRFETAaSsYXo391j2VisXRrR4l1BfQj1jICGgjde19L1GsIo/wBfZCCSSjd9mx1wchAMs8z2TetctO1ZkA/yXujJTRDPWu/en1YpIKGmnCQamO6yTaz0BqRjjNS16qaAJkCH3aMTQCQZWfTV7J8aFRejiMpalI44n6cyIDodRIBKZTgB6oeW8s/ud1Uh2e+xmLklTTiEwXhSnHOsbjXHCPSUo0HxkCRDJzKyYDMIlok17JhODOv/yXNE+qrlN1b07LtctZHEW0hw5QBbnoDNXQNaqjBiLoAT2hF/RqPVrP1pv1Pm0tWLOZXfQL1sc3WjaaEA==</latexit><latexit sha1_base64="Fwr2f2nu152oLmt4SIUM/32RG3s=">AAACCnicbVDLSsNAFJ3UV62vqEs3o0WoC0sigm6EohuXFewDmlhuppN26EwSZiZCCVm78VfcuFDErV/gzr9x+lho9cCFwzn3cu89QcKZ0o7zZRUWFpeWV4qrpbX1jc0te3unqeJUEtogMY9lOwBFOYtoQzPNaTuRFETAaSsYXo391j2VisXRrR4l1BfQj1jICGgjde19L1GsIo/wBfZCCSSjd9mx1wchAMs8z2TetctO1ZkA/yXujJTRDPWu/en1YpIKGmnCQamO6yTaz0BqRjjNS16qaAJkCH3aMTQCQZWfTV7J8aFRejiMpalI44n6cyIDodRIBKZTgB6oeW8s/ud1Uh2e+xmLklTTiEwXhSnHOsbjXHCPSUo0HxkCRDJzKyYDMIlok17JhODOv/yXNE+qrlN1b07LtctZHEW0hw5QBbnoDNXQNaqjBiLoAT2hF/RqPVrP1pv1Pm0tWLOZXfQL1sc3WjaaEA==</latexit><latexit sha1_base64="Fwr2f2nu152oLmt4SIUM/32RG3s=">AAACCnicbVDLSsNAFJ3UV62vqEs3o0WoC0sigm6EohuXFewDmlhuppN26EwSZiZCCVm78VfcuFDErV/gzr9x+lho9cCFwzn3cu89QcKZ0o7zZRUWFpeWV4qrpbX1jc0te3unqeJUEtogMY9lOwBFOYtoQzPNaTuRFETAaSsYXo391j2VisXRrR4l1BfQj1jICGgjde19L1GsIo/wBfZCCSSjd9mx1wchAMs8z2TetctO1ZkA/yXujJTRDPWu/en1YpIKGmnCQamO6yTaz0BqRjjNS16qaAJkCH3aMTQCQZWfTV7J8aFRejiMpalI44n6cyIDodRIBKZTgB6oeW8s/ud1Uh2e+xmLklTTiEwXhSnHOsbjXHCPSUo0HxkCRDJzKyYDMIlok17JhODOv/yXNE+qrlN1b07LtctZHEW0hw5QBbnoDNXQNaqjBiLoAT2hF/RqPVrP1pv1Pm0tWLOZXfQL1sc3WjaaEA==</latexit><latexit sha1_base64="Fwr2f2nu152oLmt4SIUM/32RG3s=">AAACCnicbVDLSsNAFJ3UV62vqEs3o0WoC0sigm6EohuXFewDmlhuppN26EwSZiZCCVm78VfcuFDErV/gzr9x+lho9cCFwzn3cu89QcKZ0o7zZRUWFpeWV4qrpbX1jc0te3unqeJUEtogMY9lOwBFOYtoQzPNaTuRFETAaSsYXo391j2VisXRrR4l1BfQj1jICGgjde19L1GsIo/wBfZCCSSjd9mx1wchAMs8z2TetctO1ZkA/yXujJTRDPWu/en1YpIKGmnCQamO6yTaz0BqRjjNS16qaAJkCH3aMTQCQZWfTV7J8aFRejiMpalI44n6cyIDodRIBKZTgB6oeW8s/ud1Uh2e+xmLklTTiEwXhSnHOsbjXHCPSUo0HxkCRDJzKyYDMIlok17JhODOv/yXNE+qrlN1b07LtctZHEW0hw5QBbnoDNXQNaqjBiLoAT2hF/RqPVrP1pv1Pm0tWLOZXfQL1sc3WjaaEA==</latexit>

f(k) =
1

�� � ik
<latexit sha1_base64="359epZ54gbexUUx5ImfSEN8+Yoo=">AAACBnicbVDLSsNAFJ34rPUVdSnCYBHqoiURQTdC0Y3LCvYBTSiT6aQdMjMJMxOhhKzc+CtuXCji1m9w5984bbPQ1gMXDufcy733BAmjSjvOt7W0vLK6tl7aKG9ube/s2nv7bRWnEpMWjlksuwFShFFBWppqRrqJJIgHjHSC6Gbidx6IVDQW93qcEJ+joaAhxUgbqW8fhdXoFF5BL5QIZ26e1bwh4hzBGoVR3rcrTt2ZAi4StyAVUKDZt7+8QYxTToTGDCnVc51E+xmSmmJG8rKXKpIgHKEh6RkqECfKz6Zv5PDEKAMYxtKU0HCq/p7IEFdqzAPTyZEeqXlvIv7n9VIdXvoZFUmqicCzRWHKoI7hJBM4oJJgzcaGICypuRXiETKBaJNc2YTgzr+8SNpnddepu3fnlcZ1EUcJHIJjUAUuuAANcAuaoAUweATP4BW8WU/Wi/Vufcxal6xi5gD8gfX5A6Q0l1I=</latexit><latexit sha1_base64="359epZ54gbexUUx5ImfSEN8+Yoo=">AAACBnicbVDLSsNAFJ34rPUVdSnCYBHqoiURQTdC0Y3LCvYBTSiT6aQdMjMJMxOhhKzc+CtuXCji1m9w5984bbPQ1gMXDufcy733BAmjSjvOt7W0vLK6tl7aKG9ube/s2nv7bRWnEpMWjlksuwFShFFBWppqRrqJJIgHjHSC6Gbidx6IVDQW93qcEJ+joaAhxUgbqW8fhdXoFF5BL5QIZ26e1bwh4hzBGoVR3rcrTt2ZAi4StyAVUKDZt7+8QYxTToTGDCnVc51E+xmSmmJG8rKXKpIgHKEh6RkqECfKz6Zv5PDEKAMYxtKU0HCq/p7IEFdqzAPTyZEeqXlvIv7n9VIdXvoZFUmqicCzRWHKoI7hJBM4oJJgzcaGICypuRXiETKBaJNc2YTgzr+8SNpnddepu3fnlcZ1EUcJHIJjUAUuuAANcAuaoAUweATP4BW8WU/Wi/Vufcxal6xi5gD8gfX5A6Q0l1I=</latexit><latexit sha1_base64="359epZ54gbexUUx5ImfSEN8+Yoo=">AAACBnicbVDLSsNAFJ34rPUVdSnCYBHqoiURQTdC0Y3LCvYBTSiT6aQdMjMJMxOhhKzc+CtuXCji1m9w5984bbPQ1gMXDufcy733BAmjSjvOt7W0vLK6tl7aKG9ube/s2nv7bRWnEpMWjlksuwFShFFBWppqRrqJJIgHjHSC6Gbidx6IVDQW93qcEJ+joaAhxUgbqW8fhdXoFF5BL5QIZ26e1bwh4hzBGoVR3rcrTt2ZAi4StyAVUKDZt7+8QYxTToTGDCnVc51E+xmSmmJG8rKXKpIgHKEh6RkqECfKz6Zv5PDEKAMYxtKU0HCq/p7IEFdqzAPTyZEeqXlvIv7n9VIdXvoZFUmqicCzRWHKoI7hJBM4oJJgzcaGICypuRXiETKBaJNc2YTgzr+8SNpnddepu3fnlcZ1EUcJHIJjUAUuuAANcAuaoAUweATP4BW8WU/Wi/Vufcxal6xi5gD8gfX5A6Q0l1I=</latexit><latexit sha1_base64="359epZ54gbexUUx5ImfSEN8+Yoo=">AAACBnicbVDLSsNAFJ34rPUVdSnCYBHqoiURQTdC0Y3LCvYBTSiT6aQdMjMJMxOhhKzc+CtuXCji1m9w5984bbPQ1gMXDufcy733BAmjSjvOt7W0vLK6tl7aKG9ube/s2nv7bRWnEpMWjlksuwFShFFBWppqRrqJJIgHjHSC6Gbidx6IVDQW93qcEJ+joaAhxUgbqW8fhdXoFF5BL5QIZ26e1bwh4hzBGoVR3rcrTt2ZAi4StyAVUKDZt7+8QYxTToTGDCnVc51E+xmSmmJG8rKXKpIgHKEh6RkqECfKz6Zv5PDEKAMYxtKU0HCq/p7IEFdqzAPTyZEeqXlvIv7n9VIdXvoZFUmqicCzRWHKoI7hJBM4oJJgzcaGICypuRXiETKBaJNc2YTgzr+8SNpnddepu3fnlcZ1EUcJHIJjUAUuuAANcAuaoAUweATP4BW8WU/Wi/Vufcxal6xi5gD8gfX5A6Q0l1I=</latexit>



Dubynskiy and Voloshin 
      [PRD 74, 094017 (2006)]

e+e-: production of X(3872) and a photon near D*0D*0 threshold

absorptive contribution 
(imaginary part of amplitude):

e+e- →D*0D*0→Xγ

Line shape of Xγ: 
    ◇  peak at a few MeV above    
        D*0D*0  threshold

    ◇  depends on binding energy

Experimental observation
    BESIII: e+e- →Xγ  [PRL 112, 092001(2014), arXiv: 1903.04695]

on mass shells
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Guo [arXiv: 1903.11221]

e+e-→D*0D*0 + π→(Xγ) + π 

Line shape in Xγ:
sensitive to Ex (can be used to measure Ex)
peak at ~ 2 MeV above D*0D*0 threshold 
(bound state) 

Triangle singularity

on shell simultaneously 
4-momentum conservation at each vertex. 
zero decay width,  zero binding energy    

nonzero decay width and binding energy           
                    

δ = - Ex

bound state

Virtual state

e+e-: production of X(3872) and a photon near D*0D*0 threshold

kinematic singularity

three virtual particles
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narrow peak in reaction rete



e+e- →D*0D*0(P-wave) → X(3872) γ [Braaten, He, Ingles, arXiv: 1904.12915]

Re[M] as well as Im[M] (absorptive part) 
Decay width of D*0

e+e-: production of X(3872) and a photon near D*0D*0 threshold
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cross section of Xγ

Triangle singularity: 
narrow peak ~2 MeV above D*0D*0 threshold

σ[Xγ]×Br[X→J/ψππ]

Re[M] as well as Im[M] (absorptive part) 
Decay width of D*0 
Peak insensitive to binding energy 
Normalized cross section using σ[D*+D*-] [Uglov et al. 
(JETP Lett. 105,1 (2017))] 
Could be observable at BESIII!

e+e-: production of X(3872) and a photon near D*0D*0 threshold
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e+e- →D*0D*0(P-wave) → X(3872) γ [Braaten, He, Ingles, arXiv: 1904.12915]

EX=-0.30 MeV
EX=-0.17 MeV
EX=-0.10 MeV



e+e-: production of X(3872) and a photon near D*0D*0 threshold
e+e- →D*0D*0(P-wave) → X(3872) γ [Braaten, He, Ingles, arXiv: 1904.12915]
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Zero below threshold 
Peak position depends on binding energy

absorptive contribution (dashed lines):

Absorptive contribution to the cross 
section is not a good approximation

EX=-0.30 MeV
EX=-0.17 MeV
EX=-0.10 MeV



e+e- → X(3872)γ near D*0D*0 threshold 

Narrow peak in the cross section of Xγ 

Could be observable at BESIII!

Summery

Thank you!

_
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